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Euler's constant,g-logarithms, and formulas of Ramanujan and Gosper. (English
summary)

Ramanujan J12 (2006),no0. 2,225-244.

In [Proc. Amer. Math. Soc.131 (2003), no. 11, 3335-3344 (electronic)R1990621
(2004b:11103) the first author gave the following construction @flinear forms involving
Euler’s constant = lim,,_.»(>_;_; 1/k —logn) and logarithms:
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d,, denotes the least common multiple of the numbets.. .., n, andlim,, . ds,I, = 0. This
type of approximation allows one to deduce some irrationality criteria for Euler's congtéort

which irrationality has not yet been proved.
In the paper under review, using;aanalog of the logarithm
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with ¢ > 1, the authors prove an inclusion analogous#p
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andlim,, ,, dan1,, 2» = 0. Using this inclusion, the authors give irrationality criteria for Euler’s
constant as well as asymptotic formulas for compuiin@Note that another extension of Sondow’s
approach can be found in the reviewer’s papers [K. Hessami Pilehrood and T. Hessami Pilehroc
Math. Z.255(2007), no. 1, 117-13MR2262724 J. Number Theorf08(2004), no. 1, 169-185;
MR2078662 (2005e:1109F)

On the other hand, the authors prove some new formulas for Euler's constant. It should |
noted that the quantity, ,,, is a generalization of the famous Catalan integgalfor v. Using this
integral the authors give a new proof of Gosper’s acceleration of Vacca'’s “base 2” series for Euler
constant and then generalize Gosper’s series togaleey also attempt to find a generalization

where
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of integrall,, ,,, to base; and succeed only for the cage= 3.
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Reviewed byKhodabakhsh Hessami Pilehrood
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Note: This list reflects references listed in the original paper as accurately as possible with no
attempt to correct errors.
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